The aim of this note is to give a completely different proof, which has the advantage to yield explicit upper bounds for f # . It is based on a property equivalent to f # (z) > 0, namely local univalence of the function f , which again is equivalent to the fact that the corresponding Schwarzian derivative
Theorem. Let f be meromorphic on the unit disc D satisfying f # (z) ≥ ǫ > 0. Then f has the form
where the functions w 1 and w 2 are holomorphic on D and satisfy
= 1, and
Moreover,
Proof. Since f # is non-zero, f is locally univalent and its Schwarzian derivative is holomorphic on D. It is well known that this implies the representation (1), where w 1 and w 2 form a fundamental set of the linear differential equation
Then the third condition in (2) always holds (reflecting the fact that the coefficient of w ′ vanishes identically), hence the Wronskian of any two solutions is constant.
To make some definite choice we normalise by the second condition in (2), which makes the pair (w 1 , w 2 ) unique up to sign and from which
hence the first condition in (2) 
then gives the estimate in both cases of (3).
Remarks and Questions.
• For ǫ > 0 fixed, the family F ǫ of all functions f satisfying f # ≥ ǫ, and also the family S Fǫ of corresponding Schwarzian derivatives is compact, and
holds. To obtain a lower bound for Φ ǫ we consider f (z) = 1 + z 1 − z iλ (Hille's example [4] showing that Nehari's univalence criterion [5] is sharp). It has spherical
follows (ǫ 0 ≈ 0.42 is the maximum of λ/ cosh π 2 λ in 0 < λ < ∞). The true value of Φ ǫ (r) has to remain open; is it C(ǫ)(1 − r) −1 ? The problem to determine sup Fǫ |S f (z)| also remains open.
• Since |w 1 | 2 + |w 2 | 2 is subharmonic, the spherical derivative satisfies the minimum principle: If f is meromorphic on some domain D, then f # has no local minima except at the critical points of f (see also [3] , Prop. 4.) Actually, − log f # is subharmonic off the zeros of f # .
• By Thm. 
